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@E MAGOHMATIKA II
EKOQNHXEIX

OEMA 1

A. Eoto moa ocvvdpmon f, m omoia givonr opiopévn o€ €va KAEoTO odoTnuo

[a,B]. Av:

e 1 f ovveyng oto [, f] kKo
e f(a)=f ()
ToTE, Y10 KEOE ap1Opd n petabd tov f () kot f (B) vrapyetl Evac, TOLAAYIGTOV
xo €(a, B) tétolog, wote f (x9) = 1

MONAAEX 7
[Tote n evbeio x = x, AEYETON KATAKOPLEN OGVURTOTY TNG YPOUPIKNG
TOPAGTACTG LG GLVAPTHONG [

MONAAEX 4

NouODOETE TNV YEMUETPIKN epunveia Tov Hewpruorog tov Rolle.

MONAAEZL 4
Na yopoakmpicere kabepid omd T emdUeveg MPOTACELS G omath (£) 1
ravOaopevn (A).

1. [Mo kdBe pryaotko apbud z eivan z + Z = 2Re(z).
MONAAEX 2
2.  Eiva lim e* = 4.
X—>—00
MONAAEX 2
3. ["a onotesdonmote cuvaptoelg f: A >R ko g: B >R, av opileton
N cuvapTnon 5, totE €€l TEdio opiopov v Topn A N B.
MONAAEX 2
4. Av e ocuvdptnon f dev eivar cuveyNg oto onueio x, Tov TEGiOV
OPIGHOV TNG, TOTE OEV EIVIL TAPAYWYIGIUN GTO Xg.
MONAAEZX 2

5. [P0 g @dx =) 9@l - 1 f @) - g@)dx, 6mov
f’, g elvau cuveyeig oto [a, ]
MONAAEX 2
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OEMA 2

Atvetoum oovapmmon f: R—>IR pe

f(x) = 4x® + 122x* + (A -Dx, yaxdde xeR

o6mov A€IR n omoia mapovoidlel 610 xo= — 1 ko).

a. i. Noa amodeifete 0L A = 1.
MONAAEZX 5
ii. Na Bpeite ta dtaotnuota ota omoia 1 f eivon KopTn 1 KOiAN.
MONAAEZX 5
B. Noa Bpeite To 6p1o
i &)
s f ()
MONAAEX 5
Y. i. Na Bpeite v apyikn ™ f TG 0moiag 1 YPOUPIKH TAPACTOCT) OEPYETAL
a6 to onpeio (0, 1).
MONAAEZX 6
i No vroroyicete 10 eufadov Tov ywpiov 7oL TEPKAEiETOL OO TNV
YPAPIKY TapAcTact TG f kKo Tov. dova X 'X.
MONAAEZX 4
OEMA 3
‘Eoto o cuveyng ocovapmon f: IR— IR yu v omoia 1oy0et
f (px) + f (ovvx) =1, yio ko xelR
a. Na amodeilete OtU:
V2 1
L. f<7>:? ku f(O)+f(1)=1
MONAAEZX 4
ii. Yrdpyer xq €[0, 1] tétor0, dote: f(xg) + X = 1
MONAAEX 7
B. ‘Eotw, emmhéov, 6T f eivon mapoyoyioyn kon f(x) = V2 x — %, Y KGOe

xelR
i. Na Bpeite v f (7) Kot va ypéyete v e€icmon TG EQATTOUEVIG

. o N2
™mg Cy ©T0 oNpeio ™G He TETUNUEVN ——.

MONAAEZX 6
ii. Noa vroroyicete 10 Op1o:
_ f(QQ) = f(ovvx)
lim
x=0 nux
MONAAEZX 8

To 0pora Tpoopilovtal Y10 AMOKAELGTUKT YPTOT TS PPOVTICTNPLUKNS [LOVASOS 2



Enavoinnrikd @¢poro OEDE 2011 3

OEMA 4

A.  Noomodeiete 0t1e* — x > 1, yia k@be xelR
[Tote woyver n w6otTo e — x = 1;
MONAAEX 3
B. ‘Eoto o ovvgmg ovvapmon f:[0,+x) - [0,+x). e «abe x =0
BempovLE TO PIYAOIKO Z, NE:

X 1 7 X

Z=j ef(t)dt+ixj e/ x=x0qt ko u:f [f(®)+etldt + f(a) — 1,
0 0 \/E 0

omov a > 0.

Noa anodeilete OTL:

zZ

o. i. i Re(z) = Im(z) = 0, yia kéOe x > 0.

MONAAEZX 5

ii. ef® = f(x) + e*, yio kGBe x > 0.

MONAAEX 4
B. H f eivar yynoiog avéovoa.

MONAAEX 5
Y. H f éyevavriotpoon kot va fpeite Tnv avtioTpoen Tc.

MONAAEX 4

0. Avn f etvon topayoyisipn oto dwotnuo (0, +), 101€ LVIGPYEL £V,
tovrdyiotov, € (0, a) tétoro, wote a f '(§) = 1.
MONAAEZX 4
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